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Cooperative Spectrum Sensing: A Blind
and Soft Fusion Detector

Jingwen Tong, Ming Jin , Qinghua Guo, Member, IEEE, and Youming Li

Abstract— Cooperative spectrum sensing has been studied to
combat the hidden terminal problem by exploiting the spatial
diversity in cognitive radio (CR) networks. This paper concerns
blind cooperative spectrum sensing with soft fusion, where the
a priori knowledge of channels and primary signals is unavail-
able, and soft information is transmitted from each secondary
user (SU) to a fusion center for detection. We first introduce
the Quade test to design a blind detector. Then, a new detector
with both lower computational complexity and lower overhead
is derived, where only the estimated power and the variance of
the instantaneous power at each SU are required at the fusion
center. The analytical expressions for the detection performance,
in terms of false-alarm probability and detection probability, are
derived for the proposed detector. Simulation results are provided
to validate the theoretical analyses and demonstrate the superior
performance of proposed detector compared to the state-of-the-
art detectors. It is also shown that, with the increase of the
number of hidden terminals in the CR, the proposed detector
can maintain high detection performance while the conventional
detectors exhibit rapid performance degradation.

Index Terms— Cognitive radio, cooperative spectrum sensing,
soft fusion, blind detection.

I. INTRODUCTION

DUE to the explosively increasing demands for radio
spectrum resources, the static spectrum allocation policy

faces the challenge of spectrum scarcity [1], [2]. Cognitive
radio (CR) allows secondary users (SUs) to opportunisti-
cally access the idle frequency bands allocated to primary
users (PUs), and is promising to tackle the challenge [3]–[5].
To probe available spectrum holes and avoid unacceptable
interference to PUs, SUs need to sense the activities of PUs
reliably. Hence, spectrum sensing plays a key role in CR
networks [6].

In non-cooperative spectrum sensing, spectrum sensing
is performed at a single SU to make a decision on the
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presence of primary signals [7]. A variety of non-cooperative
spectrum sensing techniques have been proposed, such as the
energy detection (ED) [8], [9], cyclostationary detection [10],
compressive sensing detection [11], pilot/cyclic-prefix based
detection [12]–[14] and covariance matrix-based detection
(including covariance absolute value and eigenvalue-based
detectors) [15]–[19]. However, non-cooperative spectrum sens-
ing may suffer from the hidden terminal problem due to deep
fading and shadowing effects, resulting in unreliable sensing
performance [20].

Taking advantage of the spatial diversity by deploying
multiple distributed SUs, cooperative spectrum sensing is
able to effectively overcome the hidden terminal problem,
and it has become an important option in CR networks.
Some of the above mentioned detectors can be directly
applied to cooperative spectrum sensing. For example, the
eigenvalue-based detectors (including the maximum-minimum
eigenvalue (MME) detector [17], the arithmetic-to-geometric
mean (AGM) detector [18] and the maximum-to-arithmetic
mean (MAM) detector [19]) can be used to perform coopera-
tive spectrum sensing at the fusion center based on the signal
samples transmitted from all SUs. However, the transmission
of data from SUs to the fusion center leads to high overhead.
To reduce the overhead, different fusion approaches have been
proposed by transmitting only a small amount of sensing
data to the fusion center. The fusion approaches can be
mainly categorized into hard fusion and soft fusion [21]–[23].
In hard fusion, each SU first makes a local decision based
on its own recorded data, and then transmits its local deci-
sion to the fusion center. After collecting all local decisions
from SUs, the fusion center makes a final decision on the
presence/absence of primary signals. Considering that con-
ventional binary local decision may induce a large amount
of information loss, Shah et al. [21] and So and Sung [22]
investigated hard fusion based on multi-bit quantized local
decisions. It was pointed out that the degree of difficulty for
designing a hard fusion approach will increase quickly with
the bit number for quantization, and two-bit local decisions
are often taken in practice [21], [22]. Hence, hard fusion may
result in inferior performance compared to soft fusion.

The current focus of soft fusion is mainly on weighting
estimated power values collected from SUs, and optimal
weighting coefficients were designed for different kinds of
channels [23], [23]–[29]. In [23], a modified deflection coef-
ficient based linear fusion approach was proposed for slow
fading channels. In [24], an optimal soft fusion rule was
derived under the assumptions of Gaussian primary signals and
known signal-to-noise ratios (SNRs). It was further shown that
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the equal gain combining (EGC) [25] and the maximal ratio
combining (MRC) fusion rules are near-optimal at high and
low SNRs, respectively. With the assumption of deterministic
but unknown primary signals, an optimal soft fusion rule was
derived in [23] and [26]. However, these rules require the
statistical characteristics of the received power under both
hypotheses. In [27], an average likelihood ratio detector was
derived under flat fading channels, in which the Nakagami-m
and log-normal distributions were used to model the small-
and large-scale fadings, respectively. However, this detector
requires the statistical distributions of the small- and large-
scale fadings. In [28], optimal and sub-optimal soft fusion
rules were derived for fast Rayleigh fading channels with
known distributions, where the channel gains due to the large-
scale fading are assumed to be known. In [29], an optimal
fusion rule based on the likelihood ratio test was proposed
for block-fading channels, where the Nakagami-m distribution
was used to model the small-scale fading and the channel
gains due to the large-scale fading are assumed to be known.
This rule was re-investigated for the case of Rayleigh small-
scale fading channels in [30]. In summary, all the above soft
fusion rules except the EGC require the a priori statistical
knowledge of channels from PU to SUs. The acquisition of
the a priori knowledge will impose additional burdens to
SUs and sometimes it may be difficult or even impractical to
acquire the knowledge, e.g., in the scenario that the channel
gains are time varying. Although EGC does not require the
a priori knowledge of channels, it needs the noise power
to set the decision threshold. Hence, EGC is a semi-blind
detector and its performance can degrade severely under noise
uncertainty [31].

In this paper, we assume that the a priori knowledge of
channels and primary signals is unavailable, and develop a
blind soft fusion detector. Although the a priori knowledge
of channel gains is unknown, we assume that the channel
gains from a PU to SUs are different due to spatial diversity.
It is assumed that the signals undergo channels with small-
and large-scale fadings, and the channel gains due to large-
scale fading keep constant within a sensing duration, while
the channel gains due to small-scale fading may be time-
varying within a sensing duration. The differences of this
work compared to existing ones and the main contributions
are summarized in the following.

• We consider soft fusion detection for cooperative spec-
trum sensing with the assumption that the a priori
knowledge of channels and primary signals is unavailable,
where the existing soft fusion approaches (except EGC)
are not applicable.

• We first develop a Quade test-based blind cooperative
sensing detector with soft fusion. To the best of our
knowledge, it is the first time to introduce the Quade
test to the field of spectrum sensing. To reduce the
computational complexity, we then devise a new detector,
which delivers significantly improved performance but
with much lower complexity compared to the Quade test-
based one.

• As the new detector still involves high overhead due to
the requirement of data transmission from SUs to the

Fig. 1. Cognitive radio network for spectrum sensing.

fusion center, we step further and propose an equivalent
detector, which only requires the power and variance of
instantaneous power at each SU, leading to a significant
reduction in overhead.

• We show that, with the increase of the number of hidden
terminals, the conventional cooperative spectrum sensing
detectors exhibit rapid performance degradation. In con-
trast, our proposed detector can maintain high detection
performance.

The remainder of this paper is organized as follows. The
signal model is introduced in Section II. In Section III,
the Quade test is employed to implement blind cooperative
spectrum sensing, and an analytical expression for the false-
alarm probability is derived. In Section IV, we propose a
new blind cooperative detector and derive theoretical expres-
sions for its false-alarm probability and detection probability.
Simulation results are presented in Section V and concluding
remarks are made in Section VI.

Notation: E[·] and V[·] represent the expectation and vari-
ance operators, respectively. ln(·) denotes the natural log-
arithm, �(·) denotes the Gamma function, B(·, ·) denotes
the beta function, and B(·; ·, ·) denotes the incomplete beta
function. R(·) denotes the real part of a number, and (·)∗ is
the conjugate operator. CN (a, b) represents a proper complex
Gaussian distribution with mean a and variance b, N (c, d)
represents a real Gaussian distribution with mean c and vari-
ance d , Gamma (α, β) represents a gamma distribution with a
shape parameter α and a scale parameter β, and Beta (α, β)
represents a beta distribution with shape parameters α and β.
Let H0 represent the null hypothesis, i.e., PUs are inactive, and
H1 represent the alternative hypothesis, i.e., PUs are active.
The false-alarm probability P f is defined as Prob(Reject
H0|H0 is true) where Prob(·) represents the probability of an
event. The detection probability Pd is defined as Prob(Accept
H1|H1 is true), and the miss-detection probability Pm is
defined as 1 − Pd = Prob(Reject H1|H1 is true).

II. SIGNAL MODEL

We consider a CR network in Fig. 1, where L distributed
SUs are deployed uniformly within the coverage of a PU. The
CR network is allowed to opportunistically access the idle
channel which is allocated to the PU. To avoid interfering PU
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receivers which may be located within the coverage of the CR
network, the CR network needs to perform spectrum sensing
before accessing the channel. In cooperative spectrum sensing,
SUs sent their information to the fusion center through a
dedicated channel, and the fusion center makes a final decision
on the presence/absence of primary signals. So, we have the
following binary hypotheses: H1 representing that the PU is
active, and H0 representing that the PU is inactive.

Assume that each SU obtains K samples within a sensing
duration. With the above binary hypotheses, the kth (k =
1, 2, · · · , K ) sample at the lth (l = 1, 2, · · · , L) SU is given
by

xl(k) =
{

nl(k), H0

hl(k)
√

glsl(k) + nl(k), H1
(1)

where nl(k) denotes the additive independent and identically
distributed (i.i.d.) circularly symmetric complex Gaussian
noise with mean zero and variance σ 2

n , i.e., nl (k) ∼
CN (0, σ 2

n ); sl(k) = s(k − τl) denotes the received primary
signal at the lth SU with a time delay of τl and the transmitted
primary signal s(k) is assumed to be Gaussian distributed with
mean zero and variance σ 2

s , i.e., s(k) ∼ CN (0, σ 2
s ); gl denotes

the power gain due to large-scale fading and hl(k) denotes the
small-scale fast fading channel from the PU to the lth SU. It is
assumed that gl is time-invariant during a sensing duration,
and the primary signals and the channel gains are independent
of each other. Considering that the SUs are distributively
deployed to overcome the hidden terminal problem, we assume
that gl follows a log-normal distribution, i.e., the probability
density function (PDF) of gl is given by [32]

fgl (u) = 1

u
√

2πσ
e
− (ln u−μ)2

2σ2 (2)

where μ (in dB) and σ (in dB) are the mean and standard
deviation of ln gl . In addition, we assume Nakagami-m small-
scale fading channels. Let hl(k) = |hl(k)|e j2πθ where θ is
uniformly distributed on [0, 1) and the PDF of |hl(k)| is given
by

f|hl (k)|(u) = 1(
	
m

)m
�(m)

um−1e− u
	/m (3)

with 	 being the average power gain of the Nakagami-m
channels and m ≥ 0.5. It is well known that the Rayleigh
and one-sided Gaussian distributions are the special cases of
the PDF in (3) with m = 1 and m = 0.5, respectively.

Let el,k be the instantaneous power of the received signal
at the kth time instant of the lth SU, i.e.,

el,k = |xl(k)|2. (4)

Thus, the CR network has a total of L K instantaneous power
values in a sensing duration. Arrange the L K instantaneous
power values in a matrix as

P =

⎡
⎢⎢⎢⎣

e1,1 e1,2 · · · e1,K

e2,1 e2,2 · · · e2,K
...

...
. . .

...
eL ,1 eL ,2 · · · eL ,K

⎤
⎥⎥⎥⎦ (5)

where the lth row are the instantaneous power values from the
lth SU.

III. QUADE TEST-BASED COOPERATIVE

SPECTRUM SENSING

The Quade test is a non-parametric test for heterogene-
ity among multiple treatments [33]. The spatial diversity in
cooperative spectrum sensing leads to heterogeneity among
the powers at different SUs, which can be detected with the
Quade test. In this Section, we introduce the Quade test to the
field of spectrum sensing, develop a Quade test-based detector
for cooperative sensing, and analyze its performance.

A. Quade Test-Based Detector

After collecting all the L K instantaneous power values from
the SUs (i.e., the power matrix P is available), the fusion center
can perform detection with the Quade test-based detector as
detailed in the following. Firstly, rank the elements along each
column in P, which gives a rank matrix R as

R =

⎡
⎢⎢⎢⎣

r1,1 r1,2 · · · r1,K

r2,1 r2,2 · · · r2,K
...

...
. . .

...
rL ,1 rL ,2 · · · rL ,K

⎤
⎥⎥⎥⎦. (6)

Take the kth columns of P and R as an example. If the
instantaneous power el,k in P is the pth largest one among
{e1,k, e2,k, · · · , eL ,k}, then rl,k in R takes on the value of
the integer p. In other words, the vector [r1,k, r2,k , · · · , rL ,k]
is a permutation of the integer vector [1, 2, · · · , L]. Then,
the kth column of R is weighted by a coefficient qk ∈ [1, K ].
The value of qk is determined so that max

l
el,k − min

l
el,k is

the qk th largest one among {max
l

el,1 − min
l

el,1, max
l

el,2 −
min

l
el,2, · · · , max

l
el,K − min

l
el,K }. It can be shown that qk

is independent of the elements in R due to the ranking
operation [33]. Subtracting the mean of rl,k of R, i.e.,

r̄ = 1

L N

L∑
l=1

K∑
k=1

rl,k = L + 1

2
, (7)

and weighting the kth column with qk , we obtain that

Z =

⎡
⎢⎢⎢⎣

z1,1 z1,2 · · · z1,K

z2,1 z2,2 · · · z2,K
...

...
. . .

...
zL ,1 zL ,2 · · · zL ,K

⎤
⎥⎥⎥⎦ (8)

where

zl,k = qk(rl,k − r̄). (9)

Finally, the test-statistic of the Quade test-based detector is
given by [33]

TQuade = (K − 1)
Z1

Z2 − Z1
(10)

where

Z1 = 1

K

L∑
l=1

(
K∑

k=1

zl,k

)2

(11)
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and

Z2 =
L∑

l=1

K∑
k=1

z2
l,k (12)

can be regarded as the variances of weighted ranks. By com-
paring TQuade with a given decision threshold λ, the decision
on the presence or absence of primary signals can be made.

Now, we explain the rationale behind the test-statistic
TQuade. It can be obtained that Z2 in (10) is a constant no
matter whether primary signals are present or not. Under H0,
the instantaneous powers {el,k} at all SUs are i.i.d. Because the
probability that continuous random variables are equal is zero,
we can obtain that rl,k (which is the rank of el,k) is uniformly
distributed over the integer set [1, L] and r̄ = (L + 1)/2
under H0. Hence, due to the independence between qk and rl,k ,
we have

E[zl,k |H0] = E[qk]E[rl,k − r̄ ] = 0 (13)

which means that Z1 is close to zero under H0. Under H1, rl,k

is no longer uniformly distributed because of the non-identical
distributions of {el,k} among different SUs, thus

E[zl,k |H1] �= 0. (14)

Because {el,k,∀k} are i.i.d., {rl,k,∀k} are also i.i.d. Hence,
the mean of rl,k −r̄ is independent of k. In addition, qk is larger
than zero. Thus, {E[zl,k |H1],∀k} are either all positive or all
negative under H1. Therefore, (

∑K
k=1 zl,k)

2 is statistically
larger under H1 than under H0, and Z1 is statistically larger
under H1 than under H0. Therefore, the test-statistic TQuade in
(10) can be used to discriminate the hypotheses H0 and H1.

B. False-Alarm Probability and Decision Threshold

We give analytical expressions for the false-alarm probabil-
ity and decision threshold of the Quade test-based detector.
They can be derived based on the following proposition
in [34].

Proposition 1 (See [34], Sec. 6.3.4): The test-statistic TQuade
in (10) asymptotically follows the F -distribution with degrees
of freedom (DoF) of L −1 and (L −1)(K −1) under H0, i.e.,

TQuade ∼ Fd1,d2 (15)

where Fd1,d2 denotes the F -distribution with DoF of d1 =
L − 1 and d2 = (L − 1)(K − 1).

With Proposition 1, we can obtain that the analytical
expression of false-alarm probability with a given decision
threshold λ is given by

Pf = 1 − I d1λ
d1λ+d2

(
d1

2
,

d2

2

)
(16)

where Iu(a, b) is the regularized incomplete beta function

Iu(a, b) = B(u; a, b)

B(a, b)
, (17)

with B(u; a, b) being the incomplete beta function

B(u; a, b) =
∫ u

0
ta−1(1 − t)b−1dt (18)

and B(a, b) being the beta function

B(a, b) =
∫ 1

0
ta−1(1 − t)b−1dt . (19)

The analytical expression of decision threshold with a given
false-alarm probability Pf is given by

λ = d1 + d2

d1
B−1

(
(1 − Pf )B

(
d1

2
,

d2

2

)
,

d1

2
,

d2

2

)
(20)

where B−1
(
·, d1

2 , d2
2

)
denotes the inverse function of

B
(
·, d1

2 , d2
2

)
.

IV. NEW BLIND COOPERATIVE SPECTRUM SENSING AND

ITS PERFORMANCE ANALYSIS

The Quade test-based cooperative spectrum sensing involves
high computational complexity due to the ranking operations.
Moreover, the original instantaneous power values are not
used in the Quade test, inducing certain performance loss.
To overcome the above drawbacks, we propose a new blind
detector for cooperative spectrum sensing. First, the ranking
operation is removed and the instantaneous power values at
SUs are directly employed, which can potentially improve
the detection performance while reducing the computational
complexity. Second, it was pointed out in [33] and [35] that
it is grossly inefficient to use the weighting when ranking
operations are not taken, and we can significantly reduce the
overhead of reporting local data from SUs to the fusion center
by removing the weighting operations. The above will lead to a
new detector with better performance and lower computational
complexity and overhead. It will be shown in Section V
that the new detector outperforms the Quade test-based one,
and even delivers a better performance than the ideal EGC
(i.e., EGC with exact noise power).

A. New Detector

Following the idea of the Quade test and replacing the ranks
rl,k in (10) with the corresponding power el,k , we can obtain
a detector whose test-statistic is given by

Tw = (K − 1)
�1

�2 − �1
(21)

where

�1 = 1

K

L∑
l=1

(
K∑

k=1

εl,k

)2

(22)

and

�2 =
L∑

l=1

K∑
k=1

ε2
l,k (23)

with

εl,k = wk

(
el,k − 1

L K

L∑
l=1

K∑
k=1

el,k

)
(24)

and

wk = max
l

el,k − min
l

el,k . (25)
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In the Quade test, the weighting factor qk was introduced
to compensate the information loss caused by the use of the
ranks (rather than the original power values) [33]. As we are
using the instantaneous power values directly in building our
test-statistic, we may remove the weighting factor wk in (21),
leading to a new detector

Tproposed = (K − 1)
S1

S2 − S1
(26)

where

S1 = 1

K

L∑
l=1

(
K∑

k=1

sl,k

)2

(27)

and

S2 =
L∑

l=1

K∑
k=1

s2
l,k (28)

with

sl,k = el,k − 1

L K

L∑
l=1

K∑
k=1

el,k . (29)

From the expression of Tproposed in (26), we find that the
fusion center still requires all el,k from SUs. Thus, this detector
has the same overhead of data transmission from SUs to the
fusion center as the Quade test-based detector. To reduce the
overhead, we derive an equivalent one for the detector in (26).

By the Cauchy-Schwarz inequality, we have(
K∑

k=1

sl,k

)2

≤ K
K∑

k=1

s2
l,k . (30)

Because the elements in {sl,k} are continuous random vari-
ables, the probability that the left term equals the right one
in (30) is zero. Hence,(

K∑
k=1

sl,k

)2

< K
K∑

k=1

s2
l,k (31)

and then

0 < S1 < S2. (32)

Eq. (32) gives that

0 <
S1

S2
< 1. (33)

Thus,

Tproposed = (K − 1)
S1

S2 − S1

= (K − 1)

S1
S2

1 − S1
S2

(34)

is a monotone increasing function with respect to S1/S2.
Therefore, the detector Tproposed in (26) is equivalent to

Tproposed = S1

S2
=

1
K

L∑
l=1

(
K∑

k=1
sl,k

)2

L∑
l=1

K∑
k=1

s2
l,k

. (35)

After some manipulations, the test-statistic in (35) can be
further rewritten as (36), shown at the bottom of this page.
Let

m̂el = 1

K

K∑
k=1

el,k (37)

be the estimated power at the lth SU, and

v̂2
el

= 1

K

K∑
k=1

(
el,k − m̂el

)2 (38)

be the estimated variance of the instantaneous power at the
lth SU. By using (37) and (38), the test-statistic in (36) can
be rewritten as

Tproposed =

L∑
l=1

(
m̂el − 1

L

L∑
l=1

m̂el

)2

L∑
l=1

v̂2
el

+
L∑

l=1

(
m̂el − 1

L

L∑
l=1

m̂el

)2 . (39)

It can be observed from (39) that, to calculate Tproposed at
the fusion center, only two parameters (i.e., m̂el and v̂2

el
) are

required to be transmitted from the lth SU. This significantly
reduces the overhead of data transmission from SUs to the
fusion center.

There are mainly three differences between the proposed
detector and the Quade test-based detector in (10) as summa-
rized in the following.

• No ranking operation is required by the proposed detector,
which leads to lower computational complexity;

• The overhead of data transmission is significantly reduced
by using the proposed detector in (39);

• In (10), Z2 is a constant, while in (35), S2 is a random
variable. This increases the difficulty in theoretical per-
formance analysis of the proposed detector.

B. False-Alarm and Detection Probabilities
In the following, we derive analytical expressions for the

false-alarm and detection probabilities of the proposed detector
in (39).

Proposition 1: The detector Tproposed in (39) under H0
approximately follows a beta distribution as

Tproposed|H0 ∼ Beta

(
L − 1

2
,

L(K − 1)

2

)
. (40)

Tproposed =

L∑
l=1

(
1
K

K∑
k=1

sl,k

)2

1
K

L∑
l=1

K∑
k=1

(
sl,k − 1

K

K∑
k=1

sl,k

)2

+
L∑

l=1

(
1
K

K∑
k=1

sl,k

)2 . (36)
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Proof: See Appendix A. �
Base on Proposition 2, we can obtain that the PDF of

Tproposed|H0 is given by

fTproposed|H0(u) = 1

B
(

L−1
2 , L(K−1)

2

)u
L−3

2 (1−u)
L(K−1)−2

2 (41)

with 0 ≤ u ≤ 1. The corresponding cumulative distribution
function is given by

FTproposed|H0(u) = Iu

(
L − 1

2
,

L(K − 1)

2

)
, (42)

and thus the false-alarm probability for a given decision
threshold λ reads

Pf = 1 − FTproposed|H0(λ). (43)

Proposition 2: With sufficiently large K and L, the detector
Tproposed in (39) under H1 approximately follows a beta
distribution as

Tproposed|H1 ∼ Beta (α1, β3) (44)

where

α1 = L − 1

2
(45)

and

β3 = α1

(
1

mT
− 1

)
(46)

with

mT =
(

βH1
2

βH1
1

)α1
B(α2, α1 + 1)

B(α1, α2)

×2 F1

(
α1 + α2, α1 + 1; α1 + α2 + 1; 1 − βH1

2

βH1
1

)
,

(47)

α2, βH1
1 and βH1

2 being respectively given in (A.11), (B.20)
and (B.21), and 2 F1 (·, ·; ·; ·) denoting the hypergeometric
function [39].

Proof: See Appendix B. �
Base on Proposition 3, we can obtain that the PDF of

Tproposed|H1 is given by

fTproposed|H1(u) = 1

B (α1, β3)
uα1−1(1 − u)β3−1 (48)

with 0 ≤ u ≤ 1. Finally, the detection probability for a given
decision threshold λ reads

Pd = 1 − FTproposed|H1(λ) (49)

where

FTproposed|H1(u) = Iu (α1, β3) . (50)

Fig. 2. The approximation error with respect to u where the term K varying
from 100 to 1000.

Fig. 3. Differences of the detection probabilities obtained by using the
theoretical expression in (50) and Monte Carlo simulation for difference K
when L = 10 and SNR= −16dB.

V. SIMULATIONS AND DISCUSSIONS

In this section, numerical simulation results are provided to
verify the theoretical analyses and evaluate the performance
of the proposed detector. In all simulations, the channel para-
meters μ = 0dB, 10σ/ ln 10 = 12dB, 	 = 1 for m = 0.5 and
m = 1, where m = 0.5 represents one side Gaussian fading
channels and m = 1 represents Rayleigh fading channels.

First, we evaluate the approximation error between
Iu (α1, β3) in (50) and the cumulative distribution
function (CDF) from (B.22), i.e.,

error(u) = Iu (α1, β3) −
∫ u

0
fTproposed|H1(x)dx . (51)

Fig. 2 shows the approximation error with respect to u where
L = 10, SNR= −16dB, μ = 0dB, 10σ/ ln 10 = 12dB, 	 = 1
and m = 0.5 for different K . It can be observed from Fig. 2
that the approximation error decreases when K increases, and
the maximum approximation error is less than 0.02 even when
K = 100.

Considering that there also exists approximation error in
deriving fTproposed|H1(u) in (B.22), in the following, we directly
compare the theoretical expression in (50) with the Monte
Carlo simulation results of detection probability of the pro-
posed detector for different K . Fig. 3 shows the differences
between the detection probabilities obtained by using the
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Fig. 4. Theoretical and simulation results for the false-alarm probability of
the Quade test-based detector where L = 10 and K = 1000.

Fig. 5. Theoretical and Monte Carlo simulation results for the false-alarm
and detection probabilities of the proposed detector when L = 10, K = 1000
and SNR= −16dB.

theoretical expression in (50) and Monte Carlo simulation
for different K when L = 10, SNR= −16dB, μ = 0dB,
10σ/ ln 10 = 12dB, 	 = 1 and m = 0.5. It can be observed
that the maximum difference is only about 0.05 when K ≥
100. This implies that the approximation error is small by
using (50) to evaluate the detection probability of the proposed
detector.

Fig. 4 shows the theoretical and simulation results for the
false-alarm probability of the Quade test-based detector where
L = 10 and K = 1000. It can be seen that the theoretical result
from (15) matches the Monte Carlo simulation result well.

Fig. 5 shows the theoretical and Monte Carlo simulation
results for the false-alarm and detection probabilities of the
proposed detector when L = 10, K = 1000 and SNR =
−16dB. The theoretical results for false-alarm and detection
probabilities are obtained by using (43) and (49), respectively.
It can be observed that the theoretical result for the false-
alarm probability matches the Monte Carlo simulation result
quite well. A slight difference is found between the theoretical
and Monte Carlo results for the detection probability, which is
due to the approximations used in the derivation. In addition,
Fig. 5 shows that the performance difference of the proposed
detector for one-sided Gaussian and Rayleigh fading channels

Fig. 6. Theoretical and Monte Carlo simulation results for the false-alarm
and detection probabilities of the proposed detector when L = 10, K = 1000
and SNR= −10dB.

Fig. 7. ROC curves for the Quade test-based detector, the proposed
detector with weighting coefficients in (21) and the proposed detector without
weighting coefficients in (39) when L = 10, K = 1000 and SNR = −16dB.

is very small. Fig. 6 shows the theoretical and Monte Carlo
simulation results for the false-alarm and detection probabil-
ities by increasing SNR to −10dB. The results validate the
theoretical results again.

Fig. 7 shows the receiver operating characteristic (ROC)
curves for the Quade test-based detector, the proposed detector
with weighting coefficients in (21) and the proposed detector
without weighting coefficients in (39) when L = 10, K =
1000 and SNR = −16dB. It can be observed that the pro-
posed detectors with and without weighting coefficients have
similar detection performance. This verifies that the weighting
operation has a negligible impact on the detection performance
(but obtaining the weighting coefficients will give rise to
additional computational complexity and overhead in the CR
network). Moreover, Fig. 7 shows that the proposed detectors
significantly outperform the Quade test-based detector.

In the following, we evaluate the performance of the
proposed detector in (39) by comparing it with existing cooper-
ative spectrum sensing detectors (including three eigenvalue-
based detectors and the EGC detector). The reason that we
choose the eigenvalue-based detectors and the EGC detector
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Fig. 8. Detection probabilities versus the number of SUs L for various
detectors when SNR = −16dB and K = 1000 at Pf = 0.01.

Fig. 9. Detection probabilities versus SNR for various detectors when L = 15
and K = 1000 at Pf = 0.01.

is because they do not require the a priori knowledge of
channels or primary signals.

Fig. 8 shows the detection probabilities versus the number
of SUs L for various detectors when SNR = −16dB and
K = 1000 at Pf = 0.01. It can be seen that the detection
probabilities of these detectors (except the EGC under noise
uncertainty) increase with the number of SUs, and the perfor-
mance of the proposed detector improves faster than the other
detectors. It can also be observed that the EGC is sensitive
to noise uncertainty, although it outperforms the proposed
detector with a small L. Note that EGC is optimal when
no characteristics of signals or channels are used. However,
our proposed detector exploits the spatial diversity, leading
to better performance than EGC when L ≥ 6 in Fig. 6.
On the other hand, despite exploiting the spatial diversity,
the proposed detector does not require the a priori knowledge
of each channel, e.g., channel gains, so it is a blind detector.

Fig. 9 shows the detection probabilities of various detectors
at different SNRs when L = 15, K = 1000 and P f = 0.01.
Fig. 10 shows the detection probabilities of various detectors
with different K when L = 15 and SNR = −16dB at P f =
0.01. It can be seen from Figs. 9 and 10 that our proposed
detector outperforms the other detectors.

Fig. 10. Detection probabilities versus sample number K for various detectors
when L = 15 and SNR = −16dB at Pf = 0.01.

Fig. 11. Detection probability versus the number of hidden terminals when
SNR = −16dB, L = 30, K = 1000 and P f = 0.01.

To evaluate the impact of hidden terminals on the detection
performance of the detectors, Fig. 11 shows the detection
probabilities of various detectors for different numbers of
hidden terminals when SNR = −16dB, L = 30 and K = 1000
and Pf = 0.01. In the simulations, the received primary signal
power is set to be zero for the hidden terminals, as the hidden
terminals cannot receive any primary signals. It is observed
that the proposed detector keeps a high detection performance
and the other detectors degrade severely with the increase of
the number of hidden terminals. When the number of hidden
terminal increase from 0 to 14 (i.e., it exceeds one third of
the total number of SUs), the proposed detector still has a
detection probability of over 0.9, but the detection probability
of ECG with exact noise power is only about 0.5. The result
indicates that our proposed detector can more effectively
combat the hidden terminal problem.

Fig. 12 shows the detection probabilities versus the para-
meter m of Nakagami-m channels for various detectors where
SNR = −16dB, K = 1000, Pf = 0.01, L = 30 and the
number of hidden SUs is 14. It can be seen that, when the
number of hidden SUs is large, only the proposed detector
can achieve satisfactory performance (the detection probability
is 0.9), while other detectors perform badly (the detection
probability is about or less than 0.5).
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Fig. 12. Detection probability versus the parameter m where SNR = −16dB,
K = 1000, P f = 0.01, L = 30 and the number of hidden SUs is 14.

VI. CONCLUSION

In this work, we have introduced the Quade test to the field
of spectrum sensing for blind detection in cooperative spec-
trum sensing. To reduce the computational complexity of the
Quade test-based detector, we have proposed a new detector
which avoids the ranking operations. Moreover, to reduce the
overhead of data transmission in CR network, we have further
developed an equivalent detector. The theoretical expressions
for the false-alarm and detection probabilities of the proposed
detector have been derived. Numerical simulations have ver-
ified the theoretical expressions and demonstrated that the
proposed detector outperforms the existing ones and it is more
effective in combating the hidden terminal problem.

APPENDIX A
PROOF OF PROPOSITION 2

Under H0, the elements in {el,k} are i.i.d. with mean σ 2
n

and variance σ 4
n . With sufficiently large K and by the central

limit theorem (CLT), we can obtain that m̂el follows Gaussian
distribution with mean σ 2

n and variance σ 4
n /K , i.e.,

m̂el |H0 ∼ N
(

σ 2
n ,

1

K
σ 4

n

)
. (A.1)

Hence, (
m̂el − 1

L

L∑
l=1

m̂el

)
|H0 ∼ N

(
0,

L − 1

L K
σ 4

n

)
(A.2)

and thus

L∑
l=1

(
m̂el − 1

L

L∑
l=1

m̂el

)2

|H0 ∼ Gamma

(
L − 1

2
,

2(L − 1)

L K
σ 4

n

)
(A.3)

where Gamma(α, β) denotes the gamma distribution

f (u) = 1

�(α)βα
uα−1e− u

β (A.4)

with α and β being the shape and scale parameters. Similarly,
by the CLT, we can obtain that

(
el,k − m̂el

) |H0 ∼ N
(

0,
K − 1

K
σ 4

n

)
. (A.5)

Thus, we have

K v̂2
el
|H0 ∼ Gamma

(
K − 1

2
,

2(K − 1)

K
σ 4

n

)
, (A.6)

and then

v̂2
el
|H0 ∼ Gamma

(
K − 1

2
,

2(K − 1)

K 2 σ 4
n

)
. (A.7)

By noting that the elements in {v̂2
el
} are i.i.d., we can have

L∑
l=1

v̂2
el
|H0 ∼ Gamma

(
L(K − 1)

2
,

2(K − 1)

K 2 σ 4
n

)
. (A.8)

Let

α1 = L − 1

2
, (A.9)

β
H0
1 = 2(L − 1)

L K
, (A.10)

α2 = L(K − 1)

2
(A.11)

and

βH0
2 = 2(K − 1)

K 2 . (A.12)

With (A.3) and (A.8), it can be obtained from [37] that the
PDF of Tproposed under H0 is approximately given by (A.13),
shown at the bottom of this page.

With sufficiently large L and K , it is given that

βH0
1 ≈ βH0

2 . (A.14)

Then, Tproposed under H0 approximately follows beta distrib-
ution as

Tproposed|H0 ∼ Beta

(
L − 1

2
,

L(K − 1)

2

)
. (A.15)

�

fTproposed|H0(u) =

(
β
H0
2

β
H0
1 +β

H0
2

)α1
(

β
H0
1

β
H0
1 +β

H0
2

)α2

uα1−1(1 − u)α2−1

B (α1, α2)

(
β
H0
2 u

β
H0
1 +β

H0
2

+ β
H0
1 (1−u)

β
H0
1 +β

H0
2

)α1+α2
, 0 ≤ u ≤ 1. (A.13)
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APPENDIX B
PROOF OF PROPOSITION 3

It is difficult to obtain an exact distribution for the proposed
detector under H1. In the following, we derive an approximate
but analytical result with sufficiently large K and L. Under H1,

el,k = gl |hl(k)sl(k)|2 + |nl(k)|2 + 2
√

glR(hl(k)sl(k)n∗
l (k)).

(B.1)

Hence, the power at the lth SU is given by

m̂el = gl

K

K∑
k=1

|hl(k)sl(k)|2 + 1

K

K∑
k=1

|nl(k)|2

+ 2
√

gl

K

K∑
k=1

R(hl(k)sl(k)n∗
l (k)). (B.2)

It can be obtained that R(hl(k)sl(k)n∗
l (k)) is symmetrically

distributed, and so

1

K

K∑
k=1

R(hl(k)sl(k)n∗
l (k)) ≈ 0 (B.3)

for a sufficiently large K . In addition, for the sufficiently
large K ,

1

K

K∑
k=1

|nl(k)|2 ≈ σ 2
n (B.4)

and

1

K

K∑
k=1

|hl(k)sl(k)|2 ≈ E[|hl(k)|2]σ 2
s = 	σ 2

s (B.5)

Then

m̂el ≈ gl	σ 2
s + σ 2

n (B.6)

and

m̂el − 1

L

L∑
l=1

m̂el ≈
(

(L−1)
L gl − 1

L

L∑
l′ �=l,l′=1

gl′

)
	σ 2

s . (B.7)

By the CLT, for a sufficiently large L, we have

m̂el − 1

L

L∑
l=1

m̂el ∼ N
(

0,
L − 1

L
V[gl]	2σ 4

s

)
(B.8)

where

V[gl] =
(

eσ 2 − 1
)

e2μ+σ 2
. (B.9)

Therefore,

L∑
l=1

(
m̂el − 1

L

L∑
l=1

m̂el

)2

|H1

∼ Gamma

(
L − 1

2
,

2(L − 1)

L
V[gl]	2σ 4

s

)
0. (B.10)

The term el,k − m̂el is given by

el,k − m̂el

= (K − 1)gl

K
|hl(k)sl(k)|2 + K − 1

K
|nl(k)|2

− gl

K

K∑
k′ �=k,k′=1

|hl(k
′)sl(k

′)|2 − 1

K

K∑
k′ �=k,k′=1

|nl(k
′)|2

+ 2(K − 1)
√

gl

K
R(hl(k)sl(k)n∗

l (k))

− 2
√

gl

K

K∑
k′ �=k,k′=1

R(hl(k
′)sl(k

′)n∗
l (k ′)). (B.11)

By the CLT, el,k − m̂el is approximately Gaussian distributed
with mean zero and variance

V[el,k − m̂el ] = K − 1

K
(V[gl |hl(k)sl(k)|2] + σ 4

n

+ 4V[√gl]V[hl(k)]σ 2
s σ 2

n

+ 4E[√gl]2
V[hl(k)]σ 2

s σ 2
n ) (B.12)

where

V[gl |hl(k)sl(k)|2] = σ 4
s (2V[gl]V[|hl(k)|2]

+ 2V[gl]E[|hl(k)|2]2

+ 2E[gl]2
V[|hl(k)|2]

+ E[gl]2
E[|hl(k)|2]2), (B.13)

E[gl] = eμ+ σ2
2 , (B.14)

V[|hl(k)|2] = m	2, (B.15)

V[√gl] = E[gl] −
(∫ +∞

0

√
u fgl (u)du

)2

= eμ+ σ2
2 −

(∫ +∞

0

√
u fgl (u)du

)2

(B.16)

and

V[hl(k)] = E[|hl(k)|2] − E[hl(k)]2 = 	. (B.17)

Then

v̂2
el
|H1 ∼ Gamma

(
K − 1

2
,

2

K
V[el,k − m̂el ]

)
, (B.18)

which gives

L∑
l=1

v̂2
el
|H1 ∼ Gamma

(
L(K − 1)

2
,

2

K
V[el,k − m̂el ]

)
. (B.19)

Let

β
H1
1 = 2(M − 1)

M

(
eσ 2 − 1

)
e2μ+σ 2

	2σ 4
s (B.20)

and

β
H1
2 = 2

K
V[el,k − m̂el ] (B.21)

where V[el,k −m̂el ] is given in (B.12). Then, it can be obtained
from [37] that the PDF of Tproposed under H1 is approximately
given by (B.22), shown at the top of the next page. It can
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fTproposed|H1(u) =

(
β
H1
2

β
H1
1 +β

H1
2

)α1
(

β
H1
1

β
H1
1 +β

H1
2

)α2

uα1−1(1 − u)α2−1

B (α1, α2)

(
β
H1
2 u

β
H1
1 +β

H1
2

+ β
H1
1 (1−u)

β
H1
1 +β

H1
2

)α1+α2
, 0 ≤ u ≤ 1. (B.22)

be further obtained from [38] that the PDF of (B.22) can be
approximated by the PDF of Beta (α1, β3) where

β3 = α1

(
1

mT
− 1

)
(B.23)

with mT being the mean of Tproposed|H1. According to [38],
mT is given by

mT =
(

β
H1
2

β
H1
1

)α1
B(α2, α1 + 1)

B(α1, α2)

×2 F1

(
α1 + α2, α1 + 1; α1 + α2 + 1; 1 − β

H1
2

β
H1
1

)

(B.24)

where 2 F1 (·, ·; ·; ·) denotes the hypergeometric function [39].
Thus, Tproposed under H1 approximately follows a beta distri-
bution as

Tproposed|H1 ∼ Beta (α1, β3) . (B.25)

�
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